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We have performed a neutron diraction experiment on Pr-doped Ce0:5Pr0:1La0:4B6, in which
an antiferromagnetic octupole order with q = ( 1
2
; 1
2
; 1
2
) could be anticipated by analogy with
Ce0:7La0:3B6. Contrary to this natural expectation, we detected an unambiguous magnetic
peak at q = ( 1
4
; 1
4
; 1
2
), which is the same q-vector frequently realized in the magnetic ordered
phases of RB6 (R=rare earth) compounds. No signicant signal was observed at q = (
1
2
; 1
2
; 1
2
)
at zero magnetic eld. This result shows that the normal antiferromagnetic dipole moment is
also one of the competing multipole order parameters in the CexLa1 xB6 system. The relevant
order parameters are close in energy and can be tuned by a weak perturbation.
Journal Ref: J. Phys. Soc. Jpn., 83, 094724 (2014).
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1. Introduction
Interionic exchange interactions involving multipole
degrees of freedom give rise to a wide variety of uncon-
ventional ordered phases in f -electron systems. One of
the typical examples is the lanthanum-doped cerium hex-
aboride CexLa1 xB6.1{6) The crystal-eld ground state
of the Ce ion is the  8 quartet, having three magnetic
dipole moments, ve electric quadrupole moments, and
seven magnetic octupole moments. All of them are active
and their interactions have comparable magnitudes.7,8)
For x > 0:75, the ordered phase at the lowest tempera-
ture is described by the superposition of an antiferromag-
netic dipole (AFM) order developing on an underlying
antiferroelectric quadrupole (AFQ) order. The param-
agnetic phase, AFQ phase, and AFM phase, appearing
with decreasing temperature, have been named phases
I, II, and III, respectively. The order parameter of the
AFQ phase is a combination of Oyz-, Ozx-, and Oxy-
type ( 5g) quadrupole moments with a propagation vec-
tor q0 = (
1
2 ;
1
2 ;
1
2 ), which has been directly detected by X-
ray diraction in CeB6.9{13) In magnetic elds, Txyz-type
( 2u) antiferromagnetic octupole (AFO) moments are in-
duced with the same q0 vector. The magnetic structure of
the AFM order in the Oxy-AFQ domain is described by a
non-collinear double-q-q0 structure with q1 = (
1
4 ;
1
4 ;
1
2 ),
q2 = (
1
4 ;
1
4 ;
1
2 ), q
0
1 = (
1
4 ;
1
4 ; 0), and q
0
2 = (
1
4 ;
1
4 ; 0), which
shows that the magnetic structure is strongly aected by
the underlying AFQ order, although its detailed struc-
ture is still under study.14{18)
Interest in CexLa1 xB6 has been stimulated by the
appearance of another type of ordered phase for x  0:8,
which has been named \phase IV" and is considered to be
an AFO phase with the (T x +T

y +T

z )-type ( 5u) order
parameter. Although this is convincingly established by
resonant X-ray diraction experiments,19{23) there still
remain a few problems concerning the behavior in mag-
netic elds.24) One is that the cusp anomaly in the mag-
netic susceptibility cannot be explained by a mean-eld
calculation assuming the  5u-AFO order if one includes
the  5g-AFQ interaction that should exist intrinsically
in the CexLa1 xB6 system. Regarding this issue, it has
recently been pointed out that the  5g-AFQ order is in-
duced by the eld in the  5u-AFO phase much more
strongly than expected from the mean-eld model, which
predicts, contrastingly, that the  3g-AFQ (O20 and O22)
order should be induced most strongly.23) This is the
reason for the above discrepancy and we consider that
uctuations of the  5g-AFQ order parameters exist be-
hind the  5u-AFO order, which are not included in the
mean-eld model.
Another problem concerning phase IV is that the
AFO transition temperature increases when Pr or Nd
is doped into CexLa1 xB6 for x=0.4 and 0.5.25) For
x = 0:5, the transition temperature increases from 0.8
K in Ce0:5La0:5B6 to 1.7 K in Ce0:5Pr0:1La0:4B6. The in-
crease is larger for Pr doping than for Nd doping, despite
the fact that the  5-triplet crystal-eld ground state of
Pr3+ does not possess an octupolar degree of freedom.
From this result, the authors discussed that the AFO
phase may be coupled with the magnetic dipolar degree
of freedom and thereby become stabilized, which is con-
tradictory to the current scenario of a pure  5u-AFO
order.25)
We consider that these problems in the  5u-AFO phase
of CexLa1 xB6 are associated with the competing na-
ture of various types of possible multipolar order param-
eters, the understanding of which is one of the princi-
pal goals of our study. Concerning the eect of mag-
netic ion doping, however, since there is no microscopic
evidence of the AFO order in doped compounds, it is
necessary to check whether the ordered phase in doped
compounds is actually the same AFO phase as that
1
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in Ce0:7La0:3B6, as previously supposed. For this pur-
pose, we performed a neutron diraction experiment on
Pr-doped Ce0:5Pr0:1La0:4B6, which has a relatively high
transition temperature. We contrastingly found that the
ordered phase of Ce0:5Pr0:1La0:5B6 is not the AFO phase,
but clearly the AFM phase. After describing the ex-
perimental procedure in Sect. 2, the results of neutron
diraction are presented in Sect. 3. Then, we propose a
temperature vs concentration phase diagram of the mag-
netic ion doping system CexRyLa1 x yB6 for R=Nd and
Pr, and discuss the competing nature of the order param-
eters.
2. Experimental Procedure
Single crystals of Ce0:5Pr0:1La0:4B6 were grown by the
oating-zone method using an image furnace with four
xenon lamps.26) An enriched 11B isotope was used to
reduce the absorption of neutrons by 10B contained in
natural boron.
One neutron diraction experiment was performed us-
ing the triple-axis thermal neutron spectrometer TOPAN
installed at the beam port 6G of the research reactor
JRR-3, Japan Atomic Energy Agency, Tokai, Japan. In-
cident neutrons with  = 1:41 A were selected using
the 002 Bragg reection of pyrolytic graphite (PG) crys-
tals. The wavelength of the scattered beam was also ana-
lyzed (1.41 A) using a PG-002 crystal analyzer. Neutrons
with higher harmonic energies were eliminated by PG
lters placed before and after the sample. The condition
of the horizontal collimators was open-600-600-open. The
experiment was performed at zero magnetic eld, using
a Joule-Thomson-type 3He gas closed-cycle refrigerator.
To gain intensity, two cylindrical sample pieces, with
masses of 1.070 and 0.485 g, were aligned together. The
[110] axis of the crystal was almost parallel to the cylin-
der axis, and the samples were oriented so that the [110]
and [001] axes spanned the scattering plane. The mis-
alignment between the two pieces of samples was less
than 0:5 and the nal width of the rocking scan for the
nuclear Bragg peaks was  0:6.
A neutron diraction experiment was also performed
using the 6T2 diractometer at the reactor Orphee of
Laboratoire Leon Brillouin, Saclay, France. We used a
lifting counter system to study the reciprocal space out-
side the horizontal scattering plane. The same 1.070 g
sample was attached to a dilution refrigerator in a cry-
omagnet. A magnetic eld was applied along the [110]
axis. Incident neutrons with  = 0:91 A were selected
using a copper monochromator. A 200 collimator was in-
serted before the counter to reduce the background.
3. Results and Discussion
3.1 AFM dipole order
We rst show that the reections corresponding to the
AFO order with q0 = (
1
2 ;
1
2 ;
1
2 ) observed in Ce0:7La0:3B6
were not detected within the experimental accuracy of
the present experiment. Figure 1 shows an example of
the rocking scans performed under nearly the same con-
ditions as those in Ref. 22. Even if we take into account
the possibly weaker intensity due to the lower Ce con-
centration than in Ce0:7La0:3B6, we expect at least 250
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Fig. 1. (Color online) Rocking scans at ( 5
2
; 5
2
; 5
2
). The peak is due
to the residual =2 contamination in the incident beam.
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Fig. 2. (Color online) Peak proles of the ( 3
4
; 3
4
; 1
2
) magnetic
Bragg reection below and above the transition temperature.
counts per 250 s in this scan, which is suciently large
to be detected above the background. Therefore, we can
conclude from this negative result, and also from the
clear magnetic dipole signals shown next, that the AFO
order is not realized in Ce0:5Pr0:1La0:4B6.
Figure 2 shows the peak prole of the magnetic Bragg
reection at the scattering vector Q = ( 34 ;
3
4 ;
1
2 ), which
disappears above the transition temperature. This corre-
sponds to the propagation vector q1 = (
1
4 ;
1
4 ;
1
2 ), which is
widely observed in the antiferromagnetic ordered phases
in the RB6 series except NdB6.27{31) Figure 3 shows the
temperature dependence of the peak-top intensity of the
( 34 ;
3
4 ;
1
2 ) reection. The intensity shows a clear anomaly
at the transition temperature of 1.7 K, which is con-
sistent with the result of specic heat measurement re-
ported in Ref. 25.
Here, we emphasize the unusual temperature depen-
dence of the intensity, increasing gradually below 1.7 K
and more steeply at lower temperatures. We consider
that this behavior is associated with the characteristic
shape of the specic heat anomaly reported in Ref. 25;
C(T ) shows a convex temperature dependence below 1.7
J. Phys. Soc. Jpn. Full Paper T. Matsumura et al. 3
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Fig. 3. (Color online) Temperature dependence of the peak-top
intensity of the ( 3
4
; 3
4
; 1
2
) magnetic Bragg reection. The arrow
indicates the transition temperature.
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Fig. 4. (Color online) Q dependence of the Lorentz-factor-
corrected intensities of the h 1
4
; 1
4
; 1
2
i-equivalent reections. The
solid line shows jf(Q)j2 in the dipole approximation averaged for
the Ce and Pr compositions.
K. We suggest that the development of the long-range
order is hampered by Pr doping, especially in the region
near the transition temperature. This may be a conse-
quence of a complex interplay between dierent magnetic
interactions originating from Pr and Ce, causing the or-
der parameter to develop in an unusual manner as in
CexPr1 xB6.32)
Figure 4 shows the scattering vector (Q) dependence
of the intensity for 18 equivalent Bragg reections in the
[110]-[001] scattering plane. The integrated intensities for
the rocking scans were corrected for the Lorentz factor
sin 2. As shown in Fig. 4, the intensity decreases with
increasing Q and follows a curve representing a normal
magnetic form factor of the Ce3+ and Pr3+ ions. Here,
the magnetic form factor f(Q) in the dipole approxima-
tion is expressed as
f(Q) = hj0i+ (2
g
  1)hj2i: (1)
We used the calculated radial integrals of hj0i and hj2i.33)
The solid line in Fig. 4 shows jf(Q)j2, where f(Q) is
averaged with respect to the Ce and Pr compositions.
We note that the dierence between fCe and fPr is much
smaller than the scatter of the data points in Fig. 4.
If the magnetic structure were the same as that of
CeB6, the Bragg peaks of h 14 ; 14 ; 0i should be observed
because of the underlying AFQ order. However, within
the present experimental accuracy, we could not detect
magnetic peaks at h 14 ; 14 ; 0i-equivalent positions. This re-
sult shows that the AFQ order does not exist at zero
eld.
To obtain information on a possible magnetic structure
and on the value of the ordered moment, we calculated
the magnetic structure factors for two possible structural
models. The magnetic moment i of the magnetic ion at
ri is written as
i =
X
j
mj cos(qj  ri + 'j); (2)
where qj is the jth member of the multi-q components,
and mj and 'j are the Fourier component and phase
factor for qj , respectively. In the present case, the mag-
netic unit cell consists of 4 4 2 crystallographic unit
cells, and 32 rare-earth sites are taken into account. The
magnetic structure factor FM (Q) is written as
FM (Q) =
X
i
1
2
f(Q)f ~Q (i  ~Q)ge iQri ; (3)
where ~Q represents the unit vector of Q.
If we assume a single-q structure with q1 = (
1
4 ;
1
4 ;
1
2 ),
m1 should be along [110] to explain the data points in
Fig. 4. In this case, the moments are perpendicular to the
scattering plane, and the calculated intensity lies exactly
on the solid line in Fig. 4, providing the closest agree-
ment with the experimental data points. We consider
that the scatter around the solid line is the systematic
error due to the dierence in the geometrical conditions
of the sample. The error bars in Fig. 4 represent only the
statistical error of one sigma. If we change the direction
of the moment, although the calculated intensities scat-
ter around the solid line, the consistency with the data
is not improved. Finally, in order for all the moments to
have the same magnitude, the phase factor '1 should be
=4.
By assuming a double-q structure with q1 = (
1
4 ;
1
4 ;
1
2 )
and q2 = (
1
4 ;
1
4 ;
1
2 ), the same intensity curve is obtained
by setting m1 k [110] and m2 k [110]. In addition, if we
set 1 = 0 and 2 = =2, the magnetic structure becomes
identical to that of PrB6. As proposed for the incom-
mensurate ordered phase in CexPr1 xB6, this double-q
structure is considered to be associated with the AFQ
interaction induced by the Pr doping.32) In any case,
we cannot distinguish between the single-q and double-q
structures from the zero-eld data alone. We will come
back to this point in the discussion of magnetic eld ef-
fects in Sect. 3.2.
The magnitude of the ordered moment has been esti-
mated by comparing the intensities with those of nuclear
reections. All the fteen hhl reections with 2 < 100
4 J. Phys. Soc. Jpn. Full Paper T. Matsumura et al.
were used for reference, whose intensities were roughly
proportional to the calculated intensities. If we assume
the single-q structure mentioned above, there appear six
domains with equivalent q-vectors, i.e., q = (14 ; 14 ; 12 ),
( 14 ; 12 ; 14 ), and (12 ;14 ; 14 ). We observe only one of them
in the present scattering plane. Furthermore, the substi-
tution of La reduces the intensity by a factor (0:5+0:1)2.
If we assume that Ce and Pr ions have an average mag-
nitude of the magnetic moment,  = 0:3 0:1 B per Ce
or Pr ion. The same value is obtained by assuming the
double-q structure.
In reality, the moments of Ce and Pr ions, Ce and
Pr, should be dierent because 2 B is expected for the
 5 ground state of Pr3+ and 1.57 B for the  8 ground
state of Ce3+. Furthermore, Ce is expected to be re-
duced owing to the Kondo eect. In the AFM phase of
pure CeB6, Ce is estimated to be 0:28  0:06 B.14)
As to Pr, we refer to the averaged moment value for
the CexPr1 xB6 system, which increases from 0.8 B at
x = 0:8 to 1.9 B at x = 0:2, which are considered to be
mostly due to Pr.32) Therefore, the moment of Pr is ex-
pected to be larger than that of Ce. In the present case,
if we ascribe all the moments to Pr ions only, assuming
that Ce ions are paramagnetic, Pr is estimated to be
1.8 B, which is consistent with the value expected for
the  5 ground state. However, such a situation is hardly
expected because a concentration of only 10% is too low
to realize the AFM order.34) Both Ce and Pr ions should
contribute to the ordering. Therefore, the estimated av-
erage  = 0:30:1 B should be interpreted as the max-
imum moment allowed for Ce3+. If we attribute 1.0 B
for Pr3+, Ce is estimated to be 0:17 0:1 B.
3.2 Magnetic eld dependence
In this subsection, we show experimental results sup-
porting the single-q AFM order at zero eld. The main
results concerning the magnetic structure are presented
in Sect. 3.2.1 and 3.2.2. In Sects. 3.2.3 and 3.2.4, we ad-
dress more complex aspects of magnetic domain repop-
ulation, irreversibilities, and the possible coexistence of
AFM and AFQ orders. Although the precise AFM struc-
ture at zero eld has not been determined in Sect. 3.1, it
is very likely that the Fourier component mj is perpen-
dicular to qj . We use this information to interpret the
magnetic eld eects.
3.2.1 Experimental results
To distinguish between the single-q and multi-q mag-
netic structures, and also to investigate the domain mo-
tion in magnetic elds, we measured the eld depen-
dences of the intensities of selected magnetic peaks. The
results are shown in Fig. 5. In the initial zero-eld state,
all the magnetic peaks corresponding to the magnetic
wave vectors q1;2 = (
1
4 ;14 ; 12 ), q3;4 = ( 12 ;14 ; 14 ), and
q5;6 = (14 ; 12 ; 14 ) exist. In the rst eld scan (points
labelled \1" in Fig. 5), we measured the (54 ;
1
4 ;
1
2 ) and
( 14 ;  14 ; 32 ) peaks corresponding to q1 (m1 k H) and q2
(m2 ? H), respectively. As shown in Fig. 5, the inten-
sity associated with q1 disappeared at 1.8 T, whereas
that associated with q2 decreased less steeply, reached a
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Fig. 5. (Color online) Magnetic eld dependences of the intensi-
ties of the (a) (0; 0; 1) nuclear peak, (b) ( 1
2
; 1
4
; 5
4
) and ( 1
2
;  1
4
; 5
4
)
magnetic peaks, and (c) ( 5
4
; 1
4
; 1
2
), ( 1
4
;  1
4
; 3
2
), and ( 3
2
; 3
2
; 1
2
) mag-
netic peaks. The numbers in the square boxes represent the se-
quence of the scans. The solid and dashed lines are visual guides.
plateau at approximately 2.5 T, then nally dropped to
zero at 4 T.
From the magnetic phase diagrams reported in the lit-
erature,25,35{38) the three eld regions of H < 1:8 T,
1:8 < H < 4 T, and H > 4 T in Ce0:5Pr0:1La0:4B6
for H k [110] are consistently interpreted as the low-
eld AFM phase (named \phase V" in Fig. 5), phase III
(AFM+AFQ), and phase II (AFQ), respectively.
After returning the eld to zero through the scan \2",
the same q1;2 peaks were measured again in a second
eld increase (points labelled \3" in Fig. 5). Their in-
tensities started from the same values as those in the
rst scan, and the q1 peak followed the same curve. But
now, the q2 peak also disappeared at the 1.8 T boundary,
rather than at 4 T as observed in the rst scan. Finally
(points labelled \4" in Fig. 5), the q3;4 magnetic peaks
were measured, together with the (0,0,1) nuclear peak.
These magnetic peaks did not exhibit any anomaly at the
1.8 T boundary, but their intensities decreased abruptly
at 2.5 T, and vanished at 4 T.
3.2.2 Magnetic structure at zero eld
The disappearance of the q1 peak at 1.8 T in the rst
and third scans is probably becausem1 k [110] is parallel
to the magnetic eld. By contrast, the q2 peak persists
up to 4 T in the rst scan, which may be associated with
the preferable condition of m2 ? H. This result shows
that q1 and q2 are decoupled in the rst scan. Therefore,
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it is likely that the zero-eld AFM order can be described
by a single-q structure.
In addition, as will be described in Sect. 3.2.4, the
AFM component with q0 = (
1
2 ;
1
2 ;
1
2 ), which is induced
in phases III and II in association with the AFQ order,
vanishes in the low-eld phase below 1.8 T, as shown in
Fig. 5. Therefore, the AFM order of Ce0:5La0:4Pr0:1B6
in phase V is dierent from that in phase III in magnetic
elds. To emphasize that there is a phase boundary at
1.8 T, we name the low-eld phase as \phase V". This is
consistent with the magnetic phase diagram reported in
Ref. 25.
3.2.3 Domain motion
The anomalies at 2.5 T in phase III are probably asso-
ciated with the selection of magnetic domains. The de-
crease in the intensity of the (0,0,1) nuclear peak can be
ascribed to the enhancement of the extinction. Since the
magnetic domain is coupled with the lattice through the
AFQ order, some disorder in the lattice, existing at low
elds with a multidomain state, can also be suppressed
by the selection of magnetic domains, which results in
the enhancement of the extinction.
Since the order parameter of phase II for H k [110]
is hOyz   Ozxi with a single-domain state,13) the mag-
netic domain in phase III should be compatible with the
Oyz and Ozx AFQ order; therefore, the q3;4 = (
1
2 ;14 ; 14 )
and q5;6 = ( 14 ; 12 ; 14 ) domains, respectively, are expected
to be selected. This is consistent with the fact that the
q3;4 peaks survive in phase III, as shown in the fourth
scan. Note that the q1;2 peaks should have disappeared
in phase III in the fourth scan, which can be explained by
the third scan. In addition, since the Fourier components
for q3 (m3 k [011]) and q4 (m4 k [011]) have equivalent
relations to the eld direction (H k [110]), the q3 and
q4 peaks exhibit the same eld dependence. The same
should be the case for the q5;6 peaks. The decrease in the
intensity of the q3;4 peak at 2.5 T suggests the selection
of the q5;6 (Ozx) domain due to a small misalignment.
It is expected that the intensity of the q5;6 peak would
increase above 2.5 T. However, since we do not have the
data for q5;6 and since not all peaks have been measured
simultaneously, it is unfortunately dicult to describe
the domain motion accurately.
The disappearance of the q2 peak at 1.8 T in the third
scan could also be associated with the domain selection.
When the eld is increased up to 5 T in the rst scan, the
lattice domain preferable for the Oxy AFQ order should
be wiped out, which existed initially in the rst scan up
to 4 T with the q2 magnetic domain. If this lattice do-
main is not recovered after returning to zero eld, the
q2 magnetic domain could soon be wiped out in the next
eld increase. Actually, at zero eld after the second scan,
the intensity of the (0,0,1) nuclear peak was found to
have been reduced to approximately 60% of the initial
intensity because of the increased extinction. In a sim-
ilar way, we could also consider a possibility that the
double-q structure in phase III is trapped and persists
down to H = 0. In this case, the q1 and q2 peaks are
linked together in the next eld increase. However, these
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Fig. 6. (Color online) Rocking scans of the ( 3
2
; 3
2
; 1
2
) and ( 1
2
; 1
2
; 3
2
)
reections in magnetic elds. B.G. represents the background for
( 3
2
; 3
2
; 1
2
) due to the =2 contamination in the incident beam,
which is not detected for ( 1
2
; 1
2
; 3
2
).
interpretations are partly speculative and cannot be as-
certained without additional measurements.
3.2.4 AFQ order in phases II and III
In strong magnetic elds, the AFQ phase is realized,
in which an AFM component is expected to be induced
with q0 = (
1
2 ;
1
2 ;
1
2 ), as in CeB6. Figure 6 shows the mag-
netic Bragg peaks observed in magnetic elds at (32 ;
3
2 ;
1
2 )
and ( 12 ;
1
2 ;
3
2 ). These peaks show that the AFM order with
q0 = (
1
2 ;
1
2 ;
1
2 ) is induced by the magnetic eld, reect-
ing the underlying AFQ order. Since the intensity of the
( 32 ;
3
2 ;
1
2 ) peak is much higher than that of (
1
2 ;
1
2 ;
3
2 ), we
can conclude that the eld-induced AFM component for
H k [110] is along [001], as in CeB6.15) This is consistent
with the result of previous studies and the hOyz   Ozxi
order parameter for H k [110].
In the second scan (labelled \2" in Fig. 5), we mea-
sured the ( 32 ;
3
2 ;
1
2 ) peak, corresponding to q0, with de-
creasing the eld. Note that the intensity did not be-
come zero at the II-III boundary at 4 T, and existed
even in phase III. Therefore, the magnetic structure of
Ce0:5Pr0:1La0:4B6 in phase III for H k [110] could be
such that an AFM modulation with q3;4 or q5;6 coexists
with the AFQ order with q0. Concerning the q0 com-
ponent, although we checked 12 Bragg points equivalent
to (14 ; 14 ; 0), (0;14 ; 14 ), and ( 14 ; 0;14 ) in phase III,
we could not detect any peak above the background. This
result suggests that the Fourier component of the q0 vec-
tor in phase III is very small. In addition, since the q1
and q2 peaks are decoupled in the rst scan in phase III,
there is a possibility that the magnetic structure of phase
III is described by a single-q (+q0) structure. However,
this point is still speculative and requires further study
for validity.
3.3 T -x-y phase diagram of CexRyLa1 x yB6
The present experimental study clearly shows that the
ordered phase of Ce0:5Pr0:1La0:4B6 at zero eld is an
AFM dipole order with q = ( 14 ;
1
4 ;
1
2 ). If we look back at
the specic heat data in Ref. 25, we nd that a similar
convex C(T ) curve in the ordered phase is observed for
both Nd doping and Pr doping. Therefore, we conclude
that all these phases have the same AFM order param-
6 J. Phys. Soc. Jpn. Full Paper T. Matsumura et al.
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Fig. 7. (Color online) T -x-y phase diagram of CexRyLa1 x yB6 for R=Nd and Pr, which we propose from the present study. The
dashed lines are speculations.
eter as those in the present case of Ce0:5Pr0:1La0:4B6,
where we named it \phase V". We propose in Fig. 7
a modied T -x-y phase diagram of CexRyLa1 x yB6
mainly for R=Nd on the basis of the results of several
previous studies.35{38) Specic-heat data not presented
in previous reports are shown in Fig. 8. Note that simi-
lar a convex C(T ) curve is also observed for x = 0:6 and
y = 0:05 for R=Nd.
From the T -y phase diagrams for x = 0:7 and 0.65, we
see that the transition temperature of phase IV hardly
changes with the doping, which could also be the case for
x = 0:6, 0.5, and 0.4. Then, the increase in the transi-
tion temperature in the region y > 0:05 is not due to the
stabilization of the AFO order of phase IV, as had been
anticipated, although it seems continuously connected to
y = 0 especially for x = 0:5 and 0.4. It is more probable
that the increase in the transition temperature indicates
the appearance of the AFM dipole order, which has been
established in the present study of Ce0:5Pr0:1La0:4B6. In
addition, since the convex C(T ) curve is already observed
at a low concentration of y = 0:05, it is likely that the
AFM order of phase V appears abruptly at a low con-
centration below y = 0:05, which is shown by the dashed
curves in Fig. 7.
There is a dierence in the T -y phase diagram above
and below x = 0:6. For x > 0:6, phase IV is simply
dominated by phase III upon R doping. This is proba-
bly because R ion doping favours the incommensurate
or commensurate magnetic dipole order with a q-vector
equal or close to ( 14 ;
1
4 ;
1
2 ),
32,39) which can couple with
the AFM order of phase III but not with the AFO or-
der of phase IV.25) The small energy dierence between
phases IV and III also favors this coupling, which is sup-
ported by the relatively low critical eld between phases
IV and III for x > 0:6 (HIV-IIIc = 0:6 T for x = 0:7 and
1.5 T for x = 0:6).4) If we proceed with this argument to
the region x < 0:6, where HIV-IIIc increases (H
IV-III
c = 1:8
T for x = 0:5 and 2.5 T for x = 0:4), we are led to the
conclusion that the stabilization of phase III by R dop-
ing is suppressed, and another magnetic ordered phase
V replaces it. We emphasize that phase III consists of
AFM and AFQ components, whereas phase V is purely
an AFM phase, as was concluded in Sect. 3.2.2 from the
single-q structure and the disappearance of the q0 peak.
With respect to the phase transition in undoped
CexLa1 xB6 (y = 0) for x  0:6, we assigned phase IV
(AFO) in Fig. 7. In fact, there are many studies on the
compound with x = 0:5 where phase IV is interpreted
as an ordered phase.1,2, 4, 5) On the other hand, some au-
thors do not regard it as an ordered phase.3,40) To pro-
vide more convincing data concerning the existence of
the ordered phase, we show in Fig. 9 the specic heat of
CexLa1 xB6 for Ce concentrations down to x = 0:25; the
measurement was performed in zero eld using a Quan-
tum Design physical property measurement system. The
characteristic of the ordered phase is that C(T ) exhibits
a power law behavior, approximately / T 2 for x  0:6.
With decreasing x, although the peak becomes broader
and the exponent slightly decreases, it is clear that some
kind of ordering persists even at x = 0:36. It has been
argued that the critical concentration is x  0:3, below
which a long-range order cannot develop.4) We thus con-
sider that some kind of ordering is realized for x > 0:3.
By contrast, the C(T ) curve for x = 0:25 below 1 K is
far from exhibiting the power law behavior observed for
x > 0:3, indicating that the long-range order no longer
exists.
3.4 Competing nature of the order parameters
Figure 7 shows that a minor perturbation of mag-
netic ion doping into phase IV induces a sudden tran-
sition to an AFM dipole order. At high Ce concentra-
tions of x > 0:6, where the AFQ interaction is relatively
strong, the AFM order occurs together with the AFQ or-
der (phase III). By contrast, at low Ce concentrations of
x < 0:6, a dierent AFM order occurs independently
without the AFQ component (phase V), which is de-
scribed by q = ( 14 ;
1
4 ;
1
2 ). This q-vector is widely observed
in the antiferromagnetic ordered phases in the RB6 se-
ries, and is considered to result from the Ruderman-
Kittel-Kasuya-Yosida (RKKY) interaction, which is as-
sociated with the characteristic band structure of the
RB6 system.41) Thus, we consider that the AFM dipole
order of phase V also takes part in the competition be-
J. Phys. Soc. Jpn. Full Paper T. Matsumura et al. 7
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Fig. 8. (Color online) Specic heat of CexNdyLa1 x yB6. Data
for y > 0 are shifted.
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Fig. 9. (Color online) Specic heat of CexLa1 xB6 at zero mag-
netic eld.
tween several order parameters in the CexLa1 xB6 sys-
tem, in addition to those associated with the AFQ (phase
II), AFM+AFQ (phase III), and  5u-AFO (phase IV)
orders. In magnetic elds, the  2u-AFO order, which is
associated with the ferromagnetic order and AFQ order,
also participates in this competition and further aects
the phase diagram. Note that recent inelastic neutron
scattering experiments reveal an anomalous spin excita-
tion spectrum, which seems to reect this strong compe-
tition of many types of multipole order parameters.42,43)
4. Conclusions
A neutron diraction experiment has been performed
on Ce0:5Pr0:1La0:4B6, in which an  5u-AFO order with
q0 = (
1
2 ;
1
2 ;
1
2 ) has been assumed to occur because of sim-
ilarities in the macroscopic physical properties to those
of Ce0:7La0:3B6. Contrary to this expectation, we ob-
served an unambiguous signal from a magnetic dipole
order with q = (14 ;
1
4 ;
1
2 ), the same propagation vector
frequently realized in rare-earth hexaboride compounds.
On the basis of this result, we proposed a T -x-y phase
diagram of CexRyLa1 x yB6 for R=Nd and Pr, which
shows that the order is suddenly switched from AFO to
AFM by R ion doping.
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